Extending previous results of L. Claborn and H.W. Lenstra, Jr., we show that if D is a Krull domain with a set of height-one primes X(X) that satisfies either ( 1 ) D contains a subset k with \k\ > \X^\ and for p^lek, p -X is a unit, or (2) \D\ > \X^\*o , then D is a Euclidean domain. We also show that any Noetherian ring satisfying ( 1 ) or Noetherian domain satisfying (2) has Krull dimension at most one.
It is a well-known consequence of the Principal Ideal Theorem that a Noetherian domain (or ring) with only a finite number of height-one primes has Krull dimension at most one. (For example, see the proof of [5, Theorem 144] . It is also well known that a Dedekind domain (even a Krull domain) with a finite number of height-one primes is a semilocal PID. Moreover, Estes and Ohm [3, Corollary 5.4] and Samuel [7, Proposition 5] showed that a semilocal PID is a Euclidean domain with (smallest) algorithm 4>(x) = 52pexm vp(x) ■ Here for any ring R, X^ = X^(R) is the set of height-one prime ideals of R, and for a Krull domain D and P £ X^(D), vp is the normalized discrete valuation associated with P. And [6] showed that such a Dedekind domain is actually a Euclidean domain with algorithm <j> : D -{0} -> co2 where <j>(x) = co • Ylpez vp(x) + Epeiw-z vp(x) f°r some finite subset Z CjO.
We show that Lenstra's result (and hence Claborn's result) holds for an arbitrary Krull domain. We also show that for any Noetherian domain D with \D\ > |^T(1)|N°, dxxrxD < 1. (We are allowing the possibility that D is a field.)
But first we generalize another result of Claborn and Lenstra. Claborn [2] (or see [4, Proposition 13.7] ) proved that if a Dedekind domain D contains a subfield k with \D\ = \k\ > \X{X)\, then D is a PID. Lenstra [6] Proof. As previously mentioned, the case where X(1) is finite has already been handled in [3] and [7] . So suppose that X^ is infinite. with the properties that \k\ > \X^\ and X -p £ U(R) U {0} for all X, p £ k.
Then for each minimal prime ideal P of R, the integral closure R/P of R/P is a Euclidean domain. Hence dim R < 1. Proof. Let P be a minimal prime ideal of R. Then R/P is a Noetherian domain with X^(R/P) < X^(R) < \k\ = \k\ where k = {p + P \ p £ k}.
Thus R/P satisfies the hypothesis of the corollary, so we may assume that 7? is a Noetherian integral domain. If |X(1)(7<)| < oo,then \X^(R)\ < oo and hence R is a semilocal PID and thus a Euclidean domain with dim R = dim R < 1. is not contained in any of the height-one primes contained in Q that contain b2 -bx. In a similar manner, we inductively choose an element b" £ Q (n > 3) such that for i < j < n, bn -bj is not contained in any element of X(X\Q) containing bj -b¡. Let a £ Q. For each n > 1, choose Pn e X(X)(Q) with a-bn £ P". Note that {7^} is infinite. For if {P"} is finite, there exists i < j < k with P¡ = Pj = Pk . But then bk -b¡, bj -b¡ £ Pk , a contradiction. Define the function 5 : Q -> (X^ (Q)f° by 5(a) = (Pn). Now S is injective. is an «-dimensional integrally closed Noetherian ring with \R\ = \K\ > Ng° = l^1^/?)!**0. Here R has two minimal prime ideals. However, Corollary 8 does carry over to Noetherian rings with a unique minimal prime ideal.
Suppose that XW(R) is infinite. Then \k\ > \XW(R)\ = \X^(R)\ and R is a Krull domain (the equality and the fact that R is a Krull domain is
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